Let X be a Peano continuum and let £ = 2 χ (resp., C(X)) be the space of all nonempty closed subsets (resp., subcontίnua) of X with Hausdorff metric. If $ = C(x), assume that X contains no free arc. Then the following are shown.
, and if ^4, B €Ξ § and ^ c B, then ω(^ί) < ω(B) (see [8, 13] ). The notion of Whitney map is a convenient and important tool for hyperspace theory. If ω is a Whitney map for ίp = 2* or C(Z) and 0 < / < ω(X) 9 then ω~\t) is called a Whitney level. Note that Whitney levels are coverings of X which, as t gets close to zero, converge to ω~ι(0) = F\{X) = X It is of interest to obtain information about the structure of Whitney levels and to determine those properties which are preserved by the convergence of positive Whitney levels to the zero level. Throughout this paper, by Q we mean the Hubert cube ΓΊJΊJ -1,1]. In [4] , Curtis and Schori proved that for any Peano continuum X, 2 X is a Hubert cube and if X contains no free arc, C( X) is also a Hubert cube. Recently, Goodykoontz and Nadler introduced a very important notion "admissible Whitney map" to study the structure of certain Whitney maps. Let φ = 2 X or C(X). A Whitney map ω for φ is an admissible Whitney map [7] if there is a homotopy A: §X[0,l]-^ § satisfying the following two conditions;
(1) for all A e φ, h(
Such a homotopy h: φ X [0,1] -> φ is called an ω-admissible deformation for φ. In [7] , it is shown that if Xis either a compact starshaped subset of a Banach space or a dendrite, then there exist admissible Whitney maps for 2 X and C(X). Also, if X is any smooth dendroid, then every Whitney map for C(X) is admissible. By using this notion, Goodykoontz and Nadler proved the following very interesting results.
(1.1) THEOREM ( [7] The purpose of this paper is to give more precise information by using infinite-dimensional topology. The ideas and techniques in this paper essentially depend on [7] . Our main results are the following: Let Ibea Peano continuum and let § = 2 X or C(X). If φ = C(X), assume that X contains no free arc.
(1) If ω is an admissible Whitney map for φ, then ω|ω~1((0, ω(X))):
) is a trivial bundle map with Hubert cube fibers.
(2) If X is the Hubert cube β, then there is a strongly admissible Whitney map ω for φ such that ω\ω"\[0 9 ω(X))): The author wishes to thank the referee for his kind remarks.
Strongly regular mappings and Whitney maps.
In this section, we show that if X is a Peano continuum and ω is an admissible Whitney map
is a strongly regular mapping with AR fibers. Also, we introduce the notion "strongly admissible Whitney map" and prove that if ω: φ -* [0, ω(X)] is a strongly admissible Whitney map, then ω is a strongly regular mapping with AR fibers. By definitions, every strongly admissible Whitney map is an admissible Whitney map, but the converse of this assertion is not true. Note that the existence of a strongly admissible Whitney map for φ implies that It is easily seen that h is continuous. The definition of h implies that h satisfies the conditions (1) and (2) ( 
1) /^(α, 5) is contained in the arc from a to r(A), and (2) iΐa^A, then 5 D(a, h A (a 9 s)) = (1 -s) D(h A (a 9 s), r{A)).

(X)]): ω~ι((Q, ω(X)]) -> (0, ω(X)] is a strongly regular mapping with AR fibers.
(ii) // ω is a strongly admissible Whitney map for φ, then ω: ίρ -> [0, ω( X)] is a strongly regular mapping with AR fibers.
Proof. Suppose that ω is an admissible Whitney map for φ and h is an ω-admissible deformation. By [7, (2.9) ], ω~ι(t) is a compact AR for each 0 < t < ω(X). Let t £ (0, «(*)). Define θ t : ω'\[t 9 To show that g hh°ghh is homotopic to the identity map on u>~\t 2 ), define
By using maps g w g hh and homotopies // 1? i/ 2 , we can easily see that colω-HίO, ω(X)]): 1 L"" 1^, ω(X)]) -> (0, ω(X)] is a strongly regular mapping. Finally, if ω is a strongly admissible Whitney map for ίp, the case when t λ = 0 can be handled in the analogous fashion. This completes the proof. (
ii) // Λ" is the Hubert cube Q, then there is a strongly admissible Whitney map for $ such that ω\ω~\[0, ω(X))): ω-\[0, ω(X)))-* [0, <o( X)) is a trivial bundle map with Hilbert cube fibers.
To prove (3.1) we need the following result of Chapman and Ferry. Proof of (3.1). Case (i). It follows from (2.5) that ω\ω~\(0 9 ω(X))): ω~ \(0, ω( X))) -> (0, ω( X)) is a strongly regular mapping. By (1.1), ω~\t) is a Hilbert cube for each 0 < t < ω(X). Note that dim(0, ω(X)) = 1. Hence by (3.2), ωlω" 1^, ω(X))) is a locally trivial bundle map with Hilbert cube fibers. Since (0, ω(X)) is contractible, ω\ω~1((0, ω(X))) is a trivial bundle map.
Case (ii). We may assume that Q is a compact convex subset of the Hilbert space l 2 . By (2.3), there is a strongly admissible Whitney map ω for φ. (1.1), (2.5) and (3.2) imply that ωlω"
) is a trivial bundle map with Hilbert cube fibers. This completes the proof.
Note that every trivial bundle map is a strongly regular mapping. In the statement (i) of (2.5) (resp., (3.1)), we can not conclude that ω\ω~1([0 9 ω(X))) is a strongly regular mapping (resp., a trivial bundle map). In fact, we have the following To prove (3.5), we need Toruήczyk's characterization of compact g-manifolds.
(3.6) THEOREM ([13, Theorem 1]). Let X be a compact ANR. If the identify map on X is a uniform limit of Z-maps, then X is a compact Q-manifold (for the definition of Z-map, see [13] ).
Proof of (3.5) . Assume that X = S n = {x = (x v x 2 
